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L - functions I
-

( following Godewent 6 & 7 on chapter3)
G = Glz /number fieldk
Ko C G↳(ko) Max compact , for eachplaceo
Suppose we have :
• for each o , to ironed admissible rep of the local
Hecke algebra Ho

• for almost all u , to containsthe identity repofko
• ✗ character of 1A%×
✗ = IT Xo
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Fastens,
def de chapters I &2



there ↳ (Xo ,s) isgeanby : s'=2s -I
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lets __ finite set of places > { archimedeanplaces}
and suchthat for all acts :
• it
,
contains the identity rep of ko

• Ker (F) = Ok
,

mo=(w-)
• Xoisunranified q=#@ko/mo)

Then

Lño(Xo ,s)=L(pe-Xo.si/L(V-Xo,sD--l1-I(w-)q-sT1l-x!-(w-)q-sT
If ñoisaprewuiovyvepresevtotrbnof Ho ,
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LEX ,D= IT 1 .
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convergesfor Refs)→ 0

For a ¢5 we have s
'
=2s -I

↳ (Xo , s) =L .

So we get a finiteproduct

r←"÷÷÷÷÷¥÷÷⇒→
If it is an irreducible component , we denote by to
the corresponding ironed . admissible rep of Flo .

This matchesthe above setup , so we get for any
character X of A-

✗Hi an L - function
L
# (Xis) defined for Recs)>> 0 .

Theorem4_ : 1-a- (✗ is) is entire
,
bounded on every

vertical strip , and satisfiesthe functional eq :L*(x,s)=E*(x.s)L*(w-X✓
compare : for a Hecke L -function,LCXis-ECX.sk/x-:1-s).4Xs)=TLCXo.s)-


